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Abstract—Introduction of distributed generation (DG) to the
power system may lead to nonselective protection actions. For
every future DG installation, the relay settings need to be
modified to guarantee protection coordination that can lead
to numerous changes in relay settings. This paper presents a
novel approach to plan relay protection coordination consider-
ing future DG installations. Thus, this paper aims at proposing
a method capable of optimally identifying one set of relay set-
tings valid for all possible future DG planning scenarios. The
proposed algorithm is formulated as a linear programming
problem and the simplex algorithm is utilized to solve it. The
proposed approach is tested on the distribution part of the
modified meshed IEEE 14-bus system and the IEEE 13-bus
radial test system. Comparative studies have been conducted to
highlight the advantages of the proposed approach under vari-
ous planning scenarios considering application of fault current
limiters.

Index Terms—Coordination time interval (CTI), fault current
limiters (FCLs), linearization, protection coordination.

I. INTRODUCTION

CONVENTIONAL unidirectional power flow between
utility and consumer is no longer valid due to distributed

generation (DG) interconnection. Furthermore, the direction
of the fault current is also influenced by the introduction of
DG to the system, which consequently affects the performance
of protection devices. The protection system should isolate
the minimum number of elements in a system in order to
ensure secure operation of the unaffected part. In all types
of distribution systems, for each fault location there exists a
primary relay, which should operate as fast as possible, coor-
dinated with a back-up relay. Traditionally radial systems are
protected by overcurrent relays (OCRs) and fuses, however,
meshed distribution systems are protected using directional
OCRs (DOCRs). Installation of the DG units influences both
the level and direction of short circuit currents, which may
lead to nonselective protection actions. Consequently, the relay
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settings have to be frequently revised to accommodate for
sequential increase in DG penetration.

Different optimization techniques can be employed to deter-
mine the settings of the relays. Several formulations have
been proposed in order to solve the protection coordination
problem. In [1] and [2], the problem is formulated as a lin-
ear programming (LP) problem with pick-up current settings
defined as the parameters. On the contrary, in [3], the pro-
tection coordination problem is formulated as a nonlinear
programming (NLP) problem with both relay settings being
the decision variables of the problem. Additionally, in [4],
a mixed integer NLP approach is presented. Finally, with
respect to the formulation, deterministic or heuristic opti-
mization techniques can be utilized to solve the protection
coordination problem. According to the presented formulations
those techniques include, two-phase simplex [5], sequen-
tial quadratic problem [3], genetic algorithm [6]–[7], particle
swarm optimization [8], and evolutionary algorithm [9].

Majority of the work presented in the literature opti-
mizes the relay settings assuming that the DG capacity is
known [10]–[13]. One major problem is that the optimized
relay settings in such case will only be valid for those spe-
cific DG capacities. In other words, any new DG addition will
require an update to the existing relay settings [14], [15]. The
studies proposed in [7], [12], [14], and [15] consider a prede-
fined DG capacity and thus any changes in the DG capacity
will require modifications in the existing relay settings. With
the current interest in smart grids, it is expected that there
will be more frequent interconnection of DGs, which in such
case will result in numerous changes in relay settings. In
order to plan smart grids, taking into account future possi-
ble DGs, a different approach to the protection coordination
problem needs to be developed that can plan the relay settings
such that the number of changes in a protection system is
minimized.

This paper proposes a novel method to determine the opti-
mal settings of the DOCRs that are feasible for all possible
future DG capacities. Consequently, it provides to the utility
planners one set of relay settings valid for different capacities
of DG units varying between zero and the maximal desired
capacity. The protection coordination problem is formulated
as a LP problem and is solved using the simplex algorithm.
A comparative analysis is conducted to highlight the num-
ber of changes in protection system required to accommodate
for changes of DG capacities if the settings are not well
planned. The simulations are conducted on the distribution
part of the modified IEEE 14-bus system and the IEEE 13-bus
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radial distribution system. The structure of this paper can be
described as follows. First, the formulation of the optimiza-
tion problem is presented and described. The following section
describes the test system under study and the optimization
techniques used to solve the formulated problem. Thereafter,
the results of the conducted simulations are presented. The
penultimate section examines the influence of the fault cur-
rent limiters (FCLs) on the obtained results. The conclusion
is drawn in the last section.

II. PROPOSED FORMULATION FOR PLANNING

PROTECTIVE DEVICES SETTINGS

Planning studies typically determine the maximum DG
capacity to be installed in distribution systems [10], [16], [17].
In distribution systems, the penetration level of DG usually
increases gradually up to the maximum utility planned limit.
Consequently, it is important to plan the settings of the pro-
tective devices that can cope with this gradual increase in
DG penetration. In this paper, it is assumed that the max-
imum planned DG capacity by the utility at location n is
known and will be denoted as SDGnmax . The objective is to
determine the relay settings that will maintain protection coor-
dination among possible DG installations within SDGnmax . For
example, assuming that the maximum planned DG installa-
tion at a specific bus is 5 MVA, then the protective devices
should guarantee proper coordination for DG capacities of
values between 0 and 5 MVA (for example, relays should
be coordinated for 1, 2, . . . , 5 MVA). As mentioned earlier,
protection coordination studies only consider one set of DG
capacities and thus there is no guarantee that the relays will
be coordinated for other combinations of DG installations. To
address this, the protection coordination optimization model is
modified by including coordination constraints that correspond
to all possible DG combinations (within the utility planned
maximum capacity) as follows:

tbij,s − t p
ij,s ≥ CTI ∀i, j, s (1)

where i denotes the fault location and j denotes the relay iden-
tifiers. The tpij,s and tbij,s are respectively the operating times of
primary and back-up relay for the fault at location i and for
combination s of DG capacities. The maximum limit on s
will depend on the number of DG locations and the resolu-
tion by which the DG capacity is varied. For example, for a
two DG case and considering 10% resolution the total number
of all possible scenarios “s” will be 121. Coordination time
interval (CTI) is a minimum required time between opera-
tion of primary and back-up relay and in this paper it is set
to 0.2 s. In this paper, all DOCRs are equipped with an inverse
time-current function, consistent with the IEC 255-3 Standard,
which is represented by

tij,s = TDSj
A(

ISCij,s
Ipj

)B − 1
(2)

where Ipj denotes the predefined pick-up current setting of
relay j, while ISCij,s is the short circuit current passing through
relay j for fault location i and combination s of DG capacities.
A and B are the relay characteristic constants, while TDSj is

Fig. 1. Single line diagram of the modified IEEE 14-bus system for protection
coordination studies.

the time dial setting for relay j. The objective of the opti-
mization model is to minimize the total operating time of the
primary and backup relays for all fault locations while sat-
isfying the coordination constraints [14]. The equation below
describes the objective function

Minimize TOPR =
N∑

i=1

M∑
j=1

L∑
s=1

(
t p
ij,s + tbij,s

)
(3)

where N is the set of all fault locations, M is the set of all
system relays, and L is the set of all examined combinations.
Furthermore, an additional set of constraints is imposed on the
relay time dial settings as follows:

TDSmin ≤ TDSj ≤ TDSmax ∀j (4)

where TDSmax and TDSmin are the upper and lower limits on
the relay j time dial setting, respectively. TDSmax and TDSmin
are set to 0.05 and 1, respectively. The values of the pick-up
current settings are determined based on the maximum possi-
ble load current and the minimum short-circuit current passing
through each relay.

III. SYSTEM AND SIMULATION SETUP

This section presents the details about the test system under
study and the developed algorithm with the respective uti-
lized solver. The test systems under study are described in
Section III-A. The latter Section III-B provides an insight into
the proposed algorithm.

A. Description of the Test System Under Study

The presented simulations are performed on the distribution
part of the modified IEEE 14-bus system shown in Fig. 1. The
modified system is not equipped with reactive power com-
pensators which are present in the IEEE 14-bus system. The
transmission part of the system is supplied by the generators
connected to buses 1 and 2. The distribution part of the system
is fed through two transformers connected at buses 6 and 7.
Detailed data of the system with the connected loads are
given in [18]. The proposed approach is applied also to the
IEEE radial 13-bus test system. Detailed data of the system
are given in [19]. In the presented studies, all of the consid-
ered DG units are synchronous based generators with 9.67%
subtransient reactance. Furthermore, all applied DG units are
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Fig. 2. Single line diagram of the IEEE 13-bus test system for protection
coordination studies.

connected through step-up transformers with a 5% subtransient
reactance. The meshed system is equipped with 16 DOCRs,
corresponding to the indicators R1–R16 in Fig. 1 while the
radial system is equipped with 12 DOCRs (marked in red)
and four OCRs marked in Fig. 2.

Analysis is conducted for bolted symmetrical faults at the
midpoint of each line in the distribution system. Fault locations
are marked in Figs. 1 (for the IEEE 14-bus system) and 2 (for
the IEEE 13-bus test system).

B. Description of the Developed Algorithm and Solvers

Fig. 3 illustrates a flowchart of the proposed approach for
planning the relay settings. The parameters to be defined
for the proposed algorithm include the planned maximum
DG capacity at a desired locations, DG capacity resolution
and predefined pick-up current settings. Since the algorithm
is designed to satisfy the various possible DG combina-
tions within the maximum planned capacity, the impedance
matrix Zbus is constructed for every s combination. Fault anal-
ysis is performed and the optimal TDS relays settings are
determined using the simplex algorithm. The obtained settings
can guarantee proper protection coordination for all DG sizes
within the planned DG capacity. The simplex algorithm is con-
sidered one of the most popular algorithms used for solving
LP problems. The constraints applied to the objective function
form a convex polytope which determines the feasible region.
The optimal solution is located at one of the polytope’s ver-
tices. The simplex algorithm begins at a specific vertex and
searches along the edges of the polytope until it converges to
the optimal solution. More details on the simplex algorithm
can be found in [20].

It is worthy to note that the proposed approach consid-
ers three phase bolted faults while planning for the relays
settings. The study can be further extended to consider zero
sequence relays settings. In such case, the type of grounding
as well as transformer connections will need to be taken into
consideration. A comprehensive study that considers all type
of faults will be considered in future work.

IV. SIMULATION RESULTS

Two case studies are presented in this section to high-
light the advantages of the proposed approach. For the first

Fig. 3. General flowchart of the proposed approach.

TABLE I
OPTIMAL DOCRS SETTINGS FOR DG UNITS AT BUSES 6 AND 7

CONSIDERING A FIXED DG SIZE

case study, the protective devices are optimally coordinated
considering only the maximum planned DG capacities. On the
other hand, the second case study takes into account possible
combinations of DG capacities within the maximum planned
amount (the proposed approach). For comparison the results of
four scenarios that consider two DG locations are examined.

A. Optimal DOCRs Settings—Case 1 for the
IEEE 14-Bus System

In this case study, it is assumed that there are two candi-
date locations for DG installation. Tables I, III, and IV present
the optimal settings obtained considering three scenarios with
different DG locations. Table I considers buses 6 and 7 to be
the candidate DG locations. By examining the three scenar-
ios presented in Table I it can be seen that the optimal TDS
settings will vary depending on the amount of DG capacity
planned for each location. Similar conclusions can be drawn
from Tables III and IV. Thus, if a system is designed consid-
ering a fixed DG size of 3 MVA an additional 1 or 2 MVA



This article has been accepted for inclusion in a future issue of this journal. Content is final as presented, with the exception of pagination.

4 IEEE TRANSACTIONS ON SMART GRID

TABLE II
NUMBER OF POSSIBLE VIOLATIONS CONSIDERING A

10% DG CAPACITY RESOLUTION

TABLE III
OPTIMAL DOCRS SETTINGS FOR DG UNITS AT BUSES 9 AND 12

CONSIDERING A FIXED DG SIZE

at the same locations will require changes in the TDS set-
tings to guarantee optimality. As can be seen all relays will
experience a change in their settings with changes in installed
DG capacity. Thus, for every additional DG installation util-
ity operators will have to modify the settings of all relays.
More important is the feasibility of the obtained settings. In
order to highlight this Table II presents the number of con-
straint violations obtained considering changes in installed DG
sizes with fixed relay settings. In other words, if the relay set-
tings are planned considering a fixed DG size of 5 MVA at
buses 6 and 7, DG sizes below that amount will result in
263 violations. Higher violations are even obtained for the
other two scenarios. Thus, if the utility decides to plan the
settings based on only the maximum planned DG capacities
violations will occur. A possible solution to avoid this is to
change the relays settings but this will require the utility opera-
tors to frequently change the settings across the whole system.
To avoid any constraint violation as well as frequent changes
in relay settings, the proposed method is applied and the results
are given in the next section.

B. Optimal DOCRs Settings—Case 2 for the
IEEE 14-Bus System

This section presents the settings of DOCRs considering
possible combinations of DG capacities up to the planned
amount. The same scenarios presented in Section IV-A are
analyzed considering the proposed approach. Table V presents
the optimal relay settings considering a maximum planned DG
capacity of 5 MVA. By applying those optimal settings to the
3 and 4 MVA scenarios, it was found out that the number
of violations is equal to zero. Thus, the proposed approach is

TABLE IV
OPTIMAL DOCRS SETTINGS FOR DG UNITS AT BUSES 8 AND 11

CONSIDERING A FIXED DG SIZE

TABLE V
OPTIMAL DOCRS SETTINGS CONSIDERING A 10% DG

CAPACITY RESOLUTION

capable of planning for one set of relay settings which can
satisfy future growth in DG penetration. As can be seen in
all tables, the pick-up current settings are fixed. In contrast to
case 1, the optimal settings obtained for case 2 do not require
modifications when DG installed sizes vary between zero and
the planned maximum DG capacity. It is worthy to note that
by comparing the results presented in Table V with the results
presented in Section IV-A, a noticeable increase in the optimal
TDS values is observed. Consequently, this will result in an
increase in relay operating time, as the pick-up current set-
tings are constant. The influence on the operating time will be
highlighted in the next section.

C. Optimal DOCRs Settings—Cases 1 and 2
for the IEEE Radial 13-Bus Test System

The method is further tested on the IEEE 13-bus test system
given in Fig. 2. It is worthy to note that radial systems are
typically protected by OCRs or fuses. The addition of DG
will result in a bidirectional flow of fault current. Thus, the
protection system, in this paper, has been modified and certain
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TABLE VI
OPTIMAL DOCRS SETTINGS FOR DG UNITS AT BUSES 4 AND 9

CONSIDERING A FIXED DG SIZE

TABLE VII
OPTIMAL DOCRS SETTINGS CONSIDERING

A 10% DG CAPACITY RESOLUTION

sections of the test system, depending on the DG location, are
protected with DOCRs. For example, adding a DG at bus 4 will
require relays between nodes 1 and 4 to be directional. On the
other hand, relays between nodes 2 and 6 will not require any
modification since the fault current in this section will flow in
one direction. Fig. 2 presents the overall protection system for
the modified IEEE 13-bus test system (all DOCRs are marked
in red). Two DG units are connected at buses 4 and 9 where
the relay settings are optimized considering fixed DG sizes of
0.5, 1, and 2 MVA.

The optimal relay settings will vary depending on the size
of DG to be considered. Similarly, the obtained settings might
not be feasible for all possible DG combinations. For example,
if the relays are optimally set considering a fixed DG size of
2 MVA (settings provided in Table VI), the number of possible
violations considering a 10% DG capacity resolution would
equal 77. Table VII presents one set of optimal settings that
considers all possible DG sizes below a maximum planned
DG capacity of 2 MVA. To clarify, using such relay set-
tings guarantees proper protection coordination for DG sizes
up to 2 MVA.

Fig. 4. Operating times for cases 1 and 2 with DG units located at
buses 6 and 7 for the IEEE 14-bus system.

Fig. 5. Operating times for cases 1 and 2 with DG units located at
buses 9 and 12 for the IEEE 14-bus system.

Fig. 6. Operating times for cases 1 and 2 with DG units located at
buses 8 and 11 for the IEEE 14-bus system.

V. INFLUENCE OF THE PROPOSED APPROACH ON THE

OPERATING TIME OF DOCRS

The benefits of the proposed formulation are highlighted in
Section IV. However, in order to provide a comparative study
Section V is devoted to examine the influence of the proposed
approach on the relay operating time. Figs. 4–7 present the
total operating time of all the primary and back-up relays for
each possible combination of planned DG units. The operating
time is calculated according to (2) defined in Section II.

Plots presented in Figs. 4–7 reveal the influence of the
proposed approach on the total operating time of relays in
a system. The total operating time presented in Figs. 4–7
is the sum of primary and back-up relays as given in (3).
For each presented scenario the total operating time for
case 2 is always higher than for case 1. The maximum rel-
ative increase in the total operating time for the presented
scenarios are 5.5% (buses 6 and 7 for the IEEE 14-bus system),
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Fig. 7. Operating times for cases 1 and 2 with DG units located at buses 4
and 9 for the IEEE 13-bus test system.

Fig. 8. Possible locations of FCL for the IEEE 14-bus system.

Fig. 9. Possible locations of FCL for the IEEE 13-bus test system.

9.3% (buses 9 and 12 for the IEEE 14-bus system), 12%
(buses 8 and 11 for the IEEE 14-bus system), and 1.5%
(buses 4 and 9 for the IEEE 13-bus test system). The pre-
sented results show that there is a tradeoff between utilizing
one set of settings and relay operating time. The difference in
the relay operating time will vary depending on the maximum
DG capacity and thus the above figures can be useful for util-
ity planners in the decision making process. Furthermore, the
next section provides a possible solution that can mitigate the
operating time increase caused by the proposed approach.

Fig. 10. Total DOCRs operating time as a function of FCL location for the
IEEE 14-bus system and DG installed at buses 6 and 7.

Fig. 11. Total DOCRs operating time as a function of FCL location for the
IEEE 14-bus system and DG installed at buses 9 and 12.

Fig. 12. Total DOCRs operating time as a function of FCL location for the
IEEE 14-bus system and DG installed at buses 8 and 11.

VI. INFLUENCE OF THE FAULT CURRENT LIMITERS

ON THE DOCRS OPERATING TIME

The simulations conducted in this section examine the influ-
ence of the FCLs on the total operating time of the relays.
The presented results examine whether it is possible to reduce
the total operating time of the relays considering the settings
determined in case 2. All possible system locations are exam-
ined and the reactance of each FCL is set equal to 1.5 � for
the IEEE 14-bus system and 1 � for the IEEE 13-bus test
system. Figs. 8 and 9 present all possible FCL locations for
the test systems under study. The same scenarios, presented in
Section IV, are examined. Figs. 10–13 present the total relay
operating time considering all possible FCL locations for the
systems under study. It is worthy to note that for each possi-
ble FCL location load flow analysis was conducted and voltage
levels across all buses are determined and checked with [21].

The proposed formulation presented in Section II is applied
to determine the total operating time TOPR (primary and
back-up relays) obtained for each DG set considering various
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Fig. 13. Total DOCRs operating time as a function of FCL location for the
IEEE 13-bus test system and DG installed at buses 4 and 9.

TABLE VIII
OPTIMAL DOCRS SETTINGS FOR SCENARIOS WITH DG UNITS

INSTALLED AT BUSES 6 AND 7, 9 AND 12, AND 8 AND 11 AND

A PREINSTALLED FCL FOR THE IEEE 14-BUS SYSTEM

FCL locations. TOPR for each particular DG set is summed
and presented in Figs. 10–13.

As can be seen for the case of the IEEE 14-bus system
where DGs are planned to be installed at buses 6–8 and 11 the
optimum solution is to locate an FCL in lines 6–9. Similarly,
it can be seen that lines 6–10 is the best location for FCL
considering buses 9 and 12 to be the candidate DG locations.
It should be noted that not all FCL locations provide feasible
solutions, as seen in Fig. 10 location 1 is not among the possi-
ble FCL locations. Tables VIII and IX present the optimal relay
settings corresponding to the optimal FCL locations for each
set of DG locations. The provided settings guarantee proper
coordination for DG units installed at the candidate locations
up to the capacity of 5 MVA (for the IEEE 14-bus system) and
2 MVA (for the IEEE 13-bus test system). In order to highlight
the effectiveness of the FCL addition, Figs. 14–17 provide a
comparative analysis of the total relay operating time with and
without FCL. For the IEEE 13-bus system, as seen in Fig. 13,
the optimal location for the FCL is either location 4 or 5.

The impact of the FCL is highlighted in Figs. 14–17. It is
worthy to note that the overall operating time presented in
Fig. 10 (labeled in blue) corresponds to the summation of all
the operating times presented in Fig. 14 (red plane). In other
words multiple optimization problems are executed consider-
ing different DG size combinations where the optimal total
operating times (including primary and back-up relays) for
each DG set are summed and presented in Figs. 10–13. The
results show that the FCL can significantly reduce the total

TABLE IX
OPTIMAL DOCRS SETTINGS FOR SCENARIOS WITH DG UNITS

INSTALLED AT BUSES 4 AND 9 AND WITH A PREINSTALLED

FCL FOR THE IEEE 13-BUS TEST SYSTEM

Fig. 14. Operating times for case 2 with and without FCL, with DG units
located at buses 6 and 7 for the IEEE 14-bus system.

Fig. 15. Operating times for case 2 with and without FCL, with DG units
located at buses 9 and 12 for the IEEE 14-bus system.

Fig. 16. Operating times for case 2 with and without FCL, with DG units
located at buses 8 and 11 for the IEEE 14-bus system.

relay operating time for all scenarios under study. By planning
the FCL location and by including additional constraints in
the protection coordination problem, the utility planner can
determine one optimal set of relay settings that guarantees
proper coordination up to the planned DG capacity while
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Fig. 17. Operating times for case 2 with and without FCL, with DG units
located at buses 4 and 9 for the IEEE 13-bus test system.

minimizing the total operating time. To conclude, the main
advantages of the proposed method are as follows.

1) The protection system settings do not need to be changed
with varying DG penetration.

2) Since the settings determined are valid for DG capacities
up to the planned value, the coordination of the protection
system will be preserved during DG outage conditions.

VII. CONCLUSION

This paper proposes an approach for planning the settings of
protective relays considering distribution system planning with
DG. The results show that as the DG penetration increases
with time possible violation in protection coordination can
occur requiring frequent changes in relay settings. The pro-
posed method avoids this problem by incorporating constraints
that can guarantee protection coordination for DG capacities
up to the maximum planned value (and not just for the rated
value). By utilizing the proposed method and optimally allo-
cating a FCL, one set of relay settings can be planned that
can guarantee protection coordination up to the planned DG
capacity while minimizing the overall relay operating time.
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